[evVNTPIEC ZUVApPTNOEIC

A1daokovTeG: . AppdTn, A. POTAKNG
EnipeAeia diagaveiwv: A. PoOTAKNG

> XoAn HAekTpoAoywv Mnxavikwyv
kKal Mnxavikwv YNoAoyloTwV

EBviko MeTooBio MoAuTtexveio




Avanapaortaon AKoAouBiwv

T 0

L0 11 0

AxoAouBia: apiBunTikn ouvapTnon Pe nedio opigpou 1o N.

Me yeVIKO (] «KAEIOTO») TUMO 4,: N-00TOG OPOG CUVAPTNOEI N.

Kwodikonoinon oe duvapooesipa Jiac (npayuaTtikng) HeTtaBAnTnc x.

FevvATpia SuvapTtnon (M'Z) A(x) akohouBiac a: A(x) = > 00 5 a,z"

B >UVTEAEOTNC TOU X" aVTIOTOIXEI O N-00TO OPO akoAoubiac a.

B EniAeyoupe didoTnpa TIHWV X WOTE OEIpa va ouykAivel (navral).

B 'Etol Bewpoupe o1l A(X) aneipa napaywyioiun (avaAuTikn).
Napaywyiloupe/oAokAnpwvoupe TNV A(X) wc nenepacuevo abpoioua.

KaBe akoAoubia a avTioTolxei oe povadikn Mz A(x).

s A(x) avTioToIXEl og povadikn akohouBia: a, = (1/n!)AM™(0)

MeTAoXNUATIOPNOC KAl «aAAYEBPIKOC» XEIPIOUOC aKOAOUBIWV Kal
eniAuon Twv NPoBANUATWY NOU KWAIKOMNOIOUV.
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NapadeiypyaTta

O [IZakohouBiagi,1,1,1, ....:1/(1—x)
O TIZ akoAouBiaga, =b A" : b/(1 — Az)
O @2 yia nenepacpevec akohouBiec (unoAoinol opol BewpouvTal 0).

B [> akoAouBiac 0,0, 1, 2, 3,4, 5: x2+ 2x3 + 3x* + 4x> + 5x°
m > akohoubiag a, = C(n, k): (1 + z)”

O T[> akohoubBiaga, = n+1 :

1 00 1 ! oo / 1 0o 00
— UEPEN = n = n—1 _ n
1—z nz:%x (1—:1;) (,;)x) < G-zp ,;)m ,;)(nﬂ)x

B 3 akohouBiag B, = n: B(z) =z/(1 — z)?
O AkoAoubBia nou avTtioToixel oe 'z A(x) = 5/(1 - 4x): a, = 5 4n
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NapadeiypyaTta

0 AkoAouBia avTioToixei e 'z A(x) = 1/(1+x);
B [evikeupevo OUWVUNIKO avanTtuypa (oTav n dev €ival (puaoIKoC):

nn—1)---(n—k+1) .

(A+z)" =1+ 5 v
k=1 :
1 —~ (n+k—1
B EidikoTEpPA, av n QUOIKOC: m =1+ Z ( 2 )a:"’
k=1

B  AnAadn n 1/(1-x)" eival n ' yia cuvduaopouc k anod n avTikeiyeva
ue enavaAnyn (n diavoun k idiwv avTiKEINEVWY O N dlaK. UNOJOXEC).

0 Me BAon YEVIKEUPEVO OUWVUNIKO avanTuyud,

_1_|_§:(_1)(_1_1)"'(_1_k+1) k=1—|—§:(—1)k$k

1+z = k! =

B ApanlZA(x) = 1/(1+x) avTigToixei oTnv akoAoubBia a, = (-1)"
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[pa&eic AkoAouBiwv

O Mpa&eic yeta&u akoAoubiwv:

AiaBaBuion pe ouvteheom c: (car), = cay,
Fpappikog ouvduacuos: (ca + dB), = ca, + df,

Ag&1a oAiobnon kaTta k Beosic: {O yien =0 E—1

k
(Soat)s = Qn_r YO N>k

ApiaTepr) oAioBnon katd k B€oeig: (S~ *a), = anin

AkoAouBia PEPIKOV aBPOIoHATOV: Yn = 2 1o Ok

AkoAouBia CUPNANPWHATIKWV HEPIKWV aBPOICUATWV: 0, = Y oo Qi
EuBeia diagopa: (Aa), = api1 — ay

AvaoTpogn diagopd (oAicB. euBeiag 1 B€on de8ia): (Va), = a, — a1

SUveENEN: (ax B), = > o fnk
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Baoikec 1d10TNTEC

O [pappikn 1010TNTA:
B H akoAoubBia ca + dB €xel I'Z Tnv c A(x) + d B(x).

B HIE 288, = - 4 - éxel oxohovBio my 4" + 9 - 2"
—47 5 4 £ p
B HII 58— = 5% + =5, €xeL axolovBio my 5- 3" +4 - 7"

O IdioTnTa oAioBnonc:
B H akoAoubBia Ska E)(EI = TNV xk A(x), a(pou

Zanx ZOZE —I—Zan LT

B [.x.0,0,0 0, 1, 1, 1,1, ... €)(€I I'Z TNV x4/(1 X)
0,0,1,2,4,..,6 2"2¢exe 'z Tnv x2/(1- 2x)
B H akoAouBia Ska exel 'z Tnv (A ( () — Z o ;T )
B [1.x. n akoAouBia a, = 2"*3 gxel 'Z TNV
g —1—2z —42°] = 2

—2z
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Baoikec 1d10TNTEC

0 Mepikwv aBpoIioPaTWV: Vn = 2 po Ok
B [lapatnpoupe OTI A, = Y, — Yn g
B Apa A(x) =T (x) = xI'(x) = IN'(x) = A(x) / (1-x).
B [l.x.y,=n+1 €ival akoAoubia pepikwv abpoiopdtwyv TG a, = 1.
O Apaexel 'Z Tnv IM(x) = 1/(1-x)2
B [loia eivain 'z Tng B, = n(n+1)/2;
O H B, anoTteAei de€ia oAioBnon kata 1 Beon TNG akoAoubiag
MEPIKWV aBpOoICUATWV TG Y.
O Apa exel 'Z Tnv B(x) = x/(1-x)3
O Zuveli&n a=B exel I'Z Tnv A(x) B(x).
B O cuvTeAeoThG Tou X" aTo A(x) B(x) gival (a* B)n =D 1 o 0kBn—k
m [loia gival n IS TG akolouBiag a, = Y ,_, 3%2n*
O Ano 1d1otnTa ouveAiEng, A(x) = 1/[(1-3x)(1-2x)]
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Baoikec 1d10TNTEC

O IdiotnTa Tng KAipakac:
B H akoAoubia y, = na, exel Mz TI']V [(x) = x A’(x), apou

I'z) =zA(z) = CCZ a,z") = wZnanw = Z(nan)w"’
n=0
1 x
®m H akoloubia d, = a, /(n+1) €xal = Tnv A(z) = —/ A(z)dz
L Jo

oo o0

Alzx) = /A(z)dz— Z/ anz”dz—%zn_l_l nHZZnO—é:l
n=0 "0 n—=
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NapadeiypyaTta

O Moia €ival n 'Z Tn¢ akoAouBiac B = ca + d;
B B(x) =cA(x) + d/(1-x)

O MNoia eival n 'Z Tng akoAouBiag B, = c" a
B B(x) = A(cx)

0 [Moia eival n akoAouBia pe 'z Tnv A(x) = 4x + 2/(1-3x) ;
m ag,=2,a0,=10,a,=23",yian = 2.

0 [oia €ival n akoAouBia pe 'z Tnv A(x) = 2/(1 - 4x2) ;
B AvaAuon oe kAaopaTta: A(x) = 1/(1-2x) + 1/(1+2x)
B AkoAoubBia g, = 2" + (=2)"

O Moia sival n akohouBia pe IS Ty A(z) = 222 9o —ldz—1

— (14z)(1+3z)(1—2x)2

: . 1 1 1 2
®m  AvdAluon oe kAGopata: A(z) = Tz T 1382 12z (1—22)2

B AxoMloubBia a, = (=1)" + (=3)" - 2" - (n+1)2"+!

n 1/
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Eqpappoyeg

O ... Twv I'Z €ival NOAAEC Kal onNUAvTIKEC. MeTa&u AAAwWV:
B YnoAoylopoc aBpolopydaTtwy.
B EniAuon npoBAnuaTtwyv cuvOuaoTIKNC.
B EniAuon avadpouikwVv €EICWOEWV.

0 MeBodoAoyia eniAuonc npoBANHATWV:

B AigTunwon Pe Baon pia akoAouBia (n ocuvduaopo akoAoubBiwv) woTe
0 «KA€IOTOC» TUMOC YIA TOV N-00TO OpO va divel Tn Auon.

B YnoAoylopoc TnG 'Z Tng akoAouBiac (pe Baon 1010TNTEC MY).
B AvanTtuypa 'Z kar unoAoylopoc ek@gpaacnc yia n-ooTo 0po.

O YnoMoyiopdg aBpoiopartog 7 3kon—F
B [Z avTioToixng akoAouBiac a sival n A(x) = 1/[(1-3x)(1-2x)]
B AvdaAuon oe kAaouaTta: A(x) = 3/(1-3x) - 2/(1-2x)
B ABpoiopa = g, = 3"+ — 20+l
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